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Abstract

Background: To optimize colorectal cancer (CRC) screening and surveillance, information regarding the
time-dependent risk of advanced adenomas (AA) to develop into CRC is crucial. However, since AA are removed after
diagnosis, the time from AA to CRC cannot be observed in an ethically acceptable manner. We propose a statistical
method to indirectly infer this time in a progressive three-state disease model using surveillance data.
Methods: Sixteen models were specified, with and without covariates. Parameters of the parametric time-to-event
distributions from the adenoma-free state (AF) to AA and from AA to CRC were estimated simultaneously, by
maximizing the likelihood function. Model performance was assessed via simulation. The methodology was applied
to a random sample of 878 individuals from a Norwegian adenoma cohort.
Results: Estimates of the parameters of the time distributions are consistent and the 95% confidence intervals (CIs)
have good coverage. For the Norwegian sample (AF: 78%, AA: 20%, CRC: 2%), a Weibull model for both transition
times was selected as the final model based on information criteria. The mean time among those who have made the
transition to CRC since AA onset within 50 years was estimated to be 4.80 years (95% CI: 0; 7.61). The 5-year and 10-year
cumulative incidence of CRC from AA was 13.8% (95% CI: 7.8%; 23.8%) and 15.4% (95% CI: 8.2%; 34.0%), respectively.
Conclusions: The time-dependent risk from AA to CRC is crucial to explain differences in the outcomes of
microsimulation models used for the optimization of CRC prevention. Our method allows for improving models by
the inclusion of data-driven time distributions.
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Background
With over 1.9 million new cases of colorectal cancer
(CRC) in 2020, CRC is the second and thirdmost common
cancer worldwide in women and men, respectively [1].
CRC mortality has been declining for a number of years,
possibly due to improved surgery, the administration of
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adjuvant therapy, and earlier diagnosis. Unarguably, one
of the best ways to reduce CRC death is by early detection
of both adenomatous polyps and early-stage cancer [2, 3].
Screening asymptomatic individuals with the removal
of all detected adenomas, followed by post-polypectomy
surveillance, has been shown to be effective in reducing
CRC incidence and/or mortality [4–8]. To evaluate the
effect of CRC screening and surveillance on long-term
CRCmortality, intermediate endpoints are currently used.
Advanced adenoma (AA), defined as an adenoma with a
villous component, high-grade dysplasia and/or size >=
10 mm, is the most used intermediate endpoint [7, 9, 10].
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How well the use of an intermediate endpoint leads to
sensible conclusions for the effect of screening on cancer
incidence and mortality is unclear. Previous research has
suggested that AA is a more valid surrogate marker for
CRC risk than adenomas since AA has a greater poten-
tial to develop into cancer [11, 12]. Estimation of the time
distribution fromAA to CRC is important to predict long-
term outcomes of screening and surveillance programs in
the absence of observations. It has been shown to be a
crucial parameter explaining differences in the outcomes
of microsimulation models used to study CRC screen-
ing [13]. In addition, information regarding time to CRC
has been described as a key consideration when evalu-
ating surveillance after polypectomy [14]. Specifically, a
short average interval from AA to CRC would mean that
individuals would need to be screened at shorter rather
than longer intervals and vice-versa. However, this time
to event is impossible to observe in an ethically accept-
able manner and hence estimating its distribution is in
all but the simple exponential case [15, 16]. Given that
CRC development can be described as a progressive dis-
ease process from a healthy adenoma-free (AF) state to
AA and finally CRC, the concept of multi-state statistical
modelling is relevant.
In the past, different multistate models with varying

assumptions have been proposed to study disease nat-
ural history. These models differ in terms of the type
of disease process, data structure, observation process,
probability distributions used, and estimation (see Meth-
ods section). Motivated by CRC surveillance, this paper
considers the particular problem of indirectly inferring
the time from AA to CRC in a progressive three-state
disease model where an individual is censored once the
second health state is observed to occur. Although this
means that the second transition time is never directly
observed, both transition times can be jointly estimated.
For this, we derive and maximize the joint likelihood
function, in which the two transition times could assume
any probability distribution without covariates, any of the
three parametric proportional hazards (PH) models (i.e.,
exponential, Weibull and Gompertz [17]) if covariate-
dependent, and be either left-, right- or interval-censored.
We illustrate our method by specifying 16 different mod-
els, with and without covariates, assuming an exponential
or Weibull distribution. Furthermore, we demonstrate
that the censored time from AA to CRC can be cor-
rectly estimated using simulated and real data examples.
In the Additional file 1, we provide the R code with a full
description of how to implement our method.

Methods
Related multi-state models
Several multi-state models have been proposed to
describe disease processes with different assumptions

on (1) the type of data structure, (2) the observation
process, and (3) the methodological approach in
estimating the time distributions between health
states [18–33].
With respect to the type of data structure,[19, 30, 32, 33]

two methods proposed by Vink et al. [19] in human papil-
lomavirus (HPV) screening and Yen et al. [30] using a
CRC frailty model, are based on current status data where
the health state of individuals is only observed at a single
examination, making it impossible to observe the dis-
ease process over time. The type of data structure from
the Norwegian adenoma cohort [34, 35], motivating our
method, is based on CRC surveillance where individuals
are periodically examined over time, leading to interval-
censored data with intervals of varying lengths (also called
panel data).
In terms of the observation process, several methods

proposed by, for example, Kapetanakis et al. [24]; Titman
and Sharples [25]; Van Den Hout [28]; and Joly and Com-
menges [26], assume three-state semi-Markov models.
Contrary to our interval-censored setting, these models
assume that in the presence of interval-censored transi-
tions from state 1 to state 2, the exact time to state 3 is
observed. Foucher et al. [29] postulated a similar observa-
tion process but used more than three health states, again
with the entry to the final state being exactly known. A
more general observation process resulting from the so-
called doubly censored data in a three-state model was
introduced by De Gruttola and Lagakos [20]; Gómez and
Lagakos [22]; and Kim et al. [21] for studying HIV/AIDS.
In these studies, the time intervals at which states 2
and 3 occur are both observed separately in the same
individual. These models can be implemented using the
p3state.msm R package [36]. A very specific case of dou-
bly censored data was studied by Griffin and Lagakos [31],
where the length of the intervals between two consecutive
visits must not vary across individuals and state 2 may be
observed multiple times until the individual is censored
either by reaching state 3 or through right-censoring at the
last visit. None of the above methods address the partic-
ularity of the data collected during surveillance in some
cancer types, such as CRC surveillance. That is, the obser-
vation process is not only interval-censored at both transi-
tion times (i.e., state 1→ state 2 and state 1→ state 3), but
the second transition is never directly observed because
individuals are censored (treated) once state 2 is detected.
In terms of methodological approach, existing meth-

ods differ with respect to the assumptions made for the
sojourn time distributions between health states [18, 23,
25, 27]. For instance, a method proposed by Straatman
et al. [18] for fitting breast cancer screening models is
limited to exponential distributions for the sojourn times.
Similarly, Wei and Kryscio [27] suggested a model where
all transition from the baseline state were constrained
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to be exponential. Jackson et al. [23] developed a more
flexible method in the msm package in R, using a user-
defined piecewise-constant hazard model, that allows
more general censoring mechanisms in approximating an
arbitrary sojourn time distribution from baseline. How-
ever, the piecewise-constant hazard model is only appli-
cable to time since the beginning of the process (i.e.,
baseline) and would not be applicable to time since the
previous health state (e.g., state 2 → state 3), like in a
semi-Markov model. An alternative method using Cox-
ian phase-type distributions was presented by Titman and
Sharples [25]. The two-phase semi-Markov model can be
implemented using the phase.states() option to R
msm package version 1.6.9. In this paper, we compare our
method to the method by Titman and Sharples [25] as this
is the only available method that can fit a semi-markov
model with three health states like ours. Our results indi-
cate that when using a data structure and disease process
as ours where state 2 to 3 is never directly observed,
the method by Titman and Sharples [25] fits poorly for
the second not directly-observable transition time (i.e.,
state 2 → state 3) when a non-exponential distribution is
specified for state 2 to 3.
While the aforementioned literature is rich with meth-

ods for estimating transition times in multi-state models,
they either provide the user with limited probability dis-
tribution options, or do not adequately accommodate the
type of data arising from cancer surveillance where the
transition from the pre-final to final state is not observed
in individuals for whom the pre-final state is detected. The
method presented in this paper seeks to address these lim-
itations by providing a more suitable method for estimat-
ing the transition times in a three-state model using CRC
surveillance data where state 2 to 3 is never observed. Our
objective is model the sojourn time distribution by a para-
metric PH model assuming either exponential, Weibull,
or Gompertz distributions, where the “best” model can
be chosen using model selection and/or goodness-of-fit
criteria [37].

Notation and assumptions
Let X and Y be two random variables that may be inde-
pendent or conditionally independent given covariates w.
Variables X and Y denote the transition times in a pro-
gressive three-state model with health states consisting of
those individuals that are AF; that is, without AA or CRC;
and those with either AA or CRC. These health states are
hereafter referred to as states AF, AA, and CRC, respec-
tively. Variables X and Y denote the durations from AF to
AA and from AA to CRC respectively, and their sum, Z =
X + Y , denotes the duration from AF to CRC. We denote
f (x) and f (x|w) as the marginal and conditional probabil-
ity density functions (PDFs) of X, respectively; and g(y)
and g(y|w) as the marginal and conditional PDFs of Y,

respectively. Similarly, let F(x), F(x|w), G(y), and G(y|w)

denote the corresponding cumulative distribution func-
tions (CDFs). Also, we assume that AAs do not regress
and that all CRCs develop from AA. Similar assumptions
have implicitly or explicitly been made or suggested by
some authors [11, 16], and it seems plausible on bio-
logical grounds [38, 39]. We further assume that AFs
include non-advanced adenomas (NAAs). After baseline
colonoscopy, the first colonoscopy that leads to inclusion
into the cohort, all individuals with colorectal polyps of
any size are considered successfully treated by means of
polypectomy prior to the start of surveillance. As such,
everyone starts in the AF state with no CRC at base-
line. During surveillance, individuals are followed-up with
repeat colonoscopy or sigmoidoscopy, followed by com-
plete colonoscopy in case of positive findings, according
to a predefined schedule that may or may not be exactly
followed with respect to timing of the visit. This means
that the schedule is allowed to vary across individuals. We
assume that the surveillance test or combination of tests
is perfect, that is, its sensitivity and specificity are 100%.
Although particularly smaller, flat or sessile lesions may
be missed on colonoscopy, this assumption is reasonable
for AAs, which are generally ≥ 10 mm in size, and CRC
[40, 41]. An individual is either left-censored when
detected with either AA or CRC at the first surveillance
visit after baseline, right-censored if AF is reported at the
end of the follow-up, and interval-censored when AF is
followed by AA or CRC at the next visit [42].

Model
Based on the above assumptions, we propose the fol-
lowing three-state model with irreversible transitions as
shown in Fig. 1. Figure 1a shows the assumed under-
lying natural history disease process during the surveil-
lance period. In the assumed disease process, which is
based on the adenoma-carcinoma sequence [43], individ-
uals progress to CRC through the AA state. However,
this underlying process is not observed in reality because
during each surveillance interval, individuals may rapidly
progress to the CRC state without being detected in the
AA state. Moreover, if an individual is being detected in
the AA state, such an individual is censored since the AA
is treated (i.e., removed) and the pathway to CRC is effec-
tively closed. In other words, for each individual in the
surveillance program, we can only obtain the time infor-
mation as depicted in Fig. 1b, that is, we observe that from
the AF state a transition has been made to the AA state
or to the CRC state after one or more surveillance rounds.
Note that the exact timing of the transitions is unknown
but is known to lie within a given interval after one or
more surveillance rounds [44, 45]. Nevertheless, we may
infer the assumed process from the observed process as
follows: by using the patient-time data from AF to AA and
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A B

Fig. 1Multi-state model of colorectal cancer. (A) Natural history process, (B) Observed transition pathways

from AF to CRC, we can estimate the time distribution
from AA to CRC.
There are 3 typical situations that may occur dur-

ing surveillance which are shown in Fig. 2. Let v =
(v1, v2, · · · , vm−1, vm) be the vector of ordered visit times
that are independent of X and Y for any given individ-
ual. First, AA or CRC is not observed within the period
of follow-up, and therefore, if it occurs, this is after the
last visit vm. Second, AA is observed within the follow-

up period, but CRC is not. Third, CRC is observed within
the follow-up period, which necessarily means AA has
occurred within the same surveillance interval.
For the situation in Fig. 2a, it can be shown that the

chance of an individual not having AA or CRC (i.e., being
AF) until and including follow-up visit vm is given by

Pr (X > vm) = 1 − F(vm). (1)

A

B

C

Fig. 2 Schematic representation of 3 possible observation process leading to right-censoring (A) and interval- censoring (B and C). From top to
bottom, all individuals are AF at time zero prior to start of surveillance (A) and remain AF until the end of their follow-up vm , (B) detected to be AA,
or (C) detected to be CRC
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Similarly, for the situation in Fig. 2b, it can be shown
that the chance of an individual having AA but no CRC
between two consecutive follow-up visits vm−1 and vm is
given by

Pr
(
vm−1 < X < vm,Z > vm

)

= F(vm) − F(vm−1) −
∫ vm

vm−1
f (x)G(vm − x)dx. (2)

Lastly, for the situation in Fig. 2c, it can be shown that
the chance of an individual having CRC between two
consecutive follow-up visits vm−1 and vm is given by

Pr
(
vm−1 < X < vm, vm−1 < Z < vm

)

=
∫ vm

vm−1
f (x)G(vm − x)dx. (3)

Derivations of Eqs. (1) to (3) are reported in Section A
of the Additional file 2.

Likelihood construction and estimation
Let v(i) =

(
v(i)
1 , v(i)

2 , v(i)
3 , . . . , v(i)

m
)
denote the vector of

ordered surveillance visit times for an individual i such
that

0 < v(i)
1 < v(i)

2 < v(i)
3 < · · · < v(i)

m < ∞,

where m is a random number of follow-up observation
times for individual i after which he/she is censored. We
also define the censoring indicators �

(i)
AA = 1 and�

(i)
CRC =

1 if an individual i was detected with either AA or CRC,
respectively; and 0 otherwise.
The joint log-likelihood for n individuals given the

observed data D(i) =
{(

w(i), v(i)
m−1, v

(i)
m ,�(i)

AA,�
(i)
CRC

)
; i =

1, 2, · · · , n
}
, expressed as a function of vector of unknown

model parameters ψ , is given by

�(ψ) =
n∑

i=1
logLi(ψ

∣∣∣D(i)), (4)

where the likelihood contribution of individual i with
vector of covariates w(i) is

Li(ψ
∣∣∣D(i)) =

{
Pr

(
v(i)
m−1 < X < v(i)

m ,Z > v(i)
m

∣∣∣ψx,ψy,w(i)
)}�

(i)
AA

×
{
Pr

(
v(i)
m−1<X<v(i)

m ,v(i)
m−1< Z<v(i)

m

∣∣∣ψx,ψy,w(i)
)}�

(i)
CRC

×
{
Pr

(
X > v(i)

m

∣∣∣ψx,ψy,w(i)
)}1−�

(i)
AA−�

(i)
CRC

=
{∫ v(i)m

v(i)m−1

f (x
∣∣∣ψx,w(i))

[
1 − G(v(i)

m − x
∣∣∣ ψy,w(i))

]
dx

}�
(i)
AA

×
{∫ v(i)m

v(i)m−1

f (x
∣∣∣ψx,w(i))G(v(i)

m − x
∣∣∣ ψy,w(i))dx

}�
(i)
CRC

×
{
1 − F

(
v(i)
m

∣∣∣ψx,w(i)
)}1−�

(i)
AA−�

(i)
CRC .

(5)

In the above likelihood contributions, v(i)
m−1 is the most

recent visit time at which an individual i is observed to be
AF or cancer-free (note that v(i)

m−1 = 0 if an individual i
is left-censored), whereas v(i)

m is either the time when an
individual i is detected with an event (i.e., AA or CRC) or
the last visit time for a right-censored individual i. Also,
ψ = ψx ∪ ψy is defined as the joint set of parameters
of the probability distribution of X and Y , respectively.
Eq. 4 is maximized using the optim() function in the
statistical software R, version 4.0.1 [46], to obtain the
maximum likelihood (ML) estimates ψ̂ for the parame-
ters ψ in the model. These estimates are guaranteed to
be close to the true ψ when the sample size n is large
enough, and the maximization is successful. See Sections
B, C and D of the Additional file 2 for inclusion of covari-
ates in the likelihood function, probability expressions in
the likelihood function for models without covariates and
implementation details, respectively.

Simulation studies
A series of simulation studies were carried out to investi-
gate the empirical performance of the proposed method
and the reliability of the ML estimates obtained. A Monte
Carlo (MC) simulation withNsim = 1000 runs was carried
out for each model specification throughout the study.
The study was performed to see whether our proposed
method can recover the true parameter values when the
true model is fitted to a dataset simulated from that
model. We constructed two parameter settings to assess
performance under two assumptions for the proportion of
CRCs in the cohort (i.e., Scenario I and II), and considered
sample sizes of n = 1000 and 5000. Scenario I was loosely
based on Chen et al. [14]: about 55% AFs, 40% AAs and
5% CRCs, and Scenario II: about 30% AFs, 40% AAs and
30% CRCs. A total of 16 different models were specified
(Table 1). Model performance was assessed in terms of the
root mean squared error (RMSE); relative bias (RB); coef-
ficient of variability (CV), the ratio of empirical standard
error (SE) to the true parameter value; empirical coverage
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Table 1 Percentage of successful simulation runs performed for different model specifications with sample sizes n = 1000 and 5000,
based on 1000 MC simulation runs under Scenarios I and II

Scenario I Scenario II

Model Pr(x) X |w Pr(y) Y|w n = 1000 n = 5000 n = 1000 n = 5000

M1 Exponential No Exponential No 100 100 100 100

M2 Exponential Yes Exponential No 100 100 100 100

M3 Exponential No Exponential Yes 100 100 100 100

M4 Exponential Yes Exponential Yes 100 100 100 100

M5 Exponential No Weibull No 100 100 100 100

M6 Exponential Yes Weibull No 100 100 100 100

M7 Exponential No Weibull Yes 100 100 100 100

M8 Exponential Yes Weibull Yes 98.2 91.3 98.2 90.5

M9 Weibull No Exponential No 100 100 100 100

M10 Weibull Yes Exponential No 100 99.6 93.7 90.3

M11 Weibull No Exponential Yes 100 99.9 69.2 71.8

M12 Weibull Yes Exponential Yes 93.8 96.3 79.4 58.1

M13 Weibull No Weibull No 100 100 100 100

M14 Weibull Yes Weibull No 95.2 92.1 99.6 99.5

M15 Weibull No Weibull Yes 100 100 40 47.9

M16 Weibull Yes Weibull Yes 50.8 31.7 68.2 69.5

Pr(x): assumed probability distribution of X; Pr(y): assumed probability distribution of Y; X |w: X conditioned on covariates w; Y |w: Y conditioned on covariates w

rate (CR) of a Wald-based 95% confidence interval (CI),
the proportion of the estimated CIs that contain the true
parameter value ψ ; and average CI width (AW) [47–49].
These performance measures are defined as follows

RMSE =

√√√√√ 1
Nsim

Nsim∑
j=1

{
ψ̂j − ψ

}2
,

RB = 1
ψ

×
⎛
⎝ 1
Nsim

Nsim∑
j=1

ψ̂j − ψ

⎞
⎠ × 100,

CV = 1
ψ

×

√√√√√ 1
Nsim − 1

Nsim∑
j=1

{
ψ̂j − ψ̄

}2
,

CR = 1
Nsim

Nsim∑
j=1

{
1 if ψ ∈ ψ̂j ± 1.96

× ŜE(ψ̂j), 0 otherwise
}
,

AW = 1
Nsim

Nsim∑
j=1

{
2 × 1.96 × ŜE(ψ̂j)

}
,

where ŜE(ψ̂j) is the SE of the parameter ψ within each
simulation run.
To further demonstrate the reliability of the proposed

method in fitting semi-Markov models, particularly for
the second not directly-observable transition time from

state 2 to 3, we performed an additional simulation study
where we compared our method to the two-phase semi-
Markov model by Titman and Sharples [25] implemented
in the msm R package version 1.6.9 [23]. We fitted both
models using datasets generated under a Weibull proba-
bility distribution assumption for both X and Y without
a covariate. Specifically, we used the same parameter set-
tings for model M13 under Scenarios I and II when n =
5000 in Table 1. Since estimating the second transition
time Y is our main objective in this paper, more emphasis
will be placed on results for Y rather than X. All simula-
tions were done in the statistical software R, version 4.0.1
[46]. See R implementation code in the Additional file 1.

Data simulation procedure
We created a hypothetical cohort for i = 1, 2, · · · , n
number of individuals who enter the surveillance after
complete removal of their adenomas via colonoscopic
polypectomywithw(i) ∼ N(0, 1) as covariate. For a chosen
model specification for X and Y , we generated transition
times X and Y for i = 1, 2, · · · , n individuals and summed
X and Y to obtain Z for each individual i. For simplic-
ity, we assumed that the maximum number of endoscopic
surveillance visits an individual could have was 4, with
such visits generated independently of X and Y from a
uniform distribution over [ a, b], where a and b are the
minimum and maximum years of follow-up of the entire
cohort, respectively. For each individual i, we compared
the observed times X(i) and Z(i) previously generated
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with the individual’s vector of follow-up visit times v(i) to
obtain the time interval (vm−1, vm] in which AA or CRC
must have occurred, and vm (here, m = 4) for individ-
uals who had no AA or CRC throughout their follow-up
period. For detailed simulation procedure, see Section E
of the Additional file 2.

Data
Data structure
Table 2 shows an example dataset, depicting the outcomes
of a cohort of individuals based on the steps mentioned
above. In this example data set, individuals 2 and 5 were
found to have AA during their second and third surveil-
lance visit respectively, while individuals 3, 4 and 6 were
found to have CRC during their first, second and last
surveillance visit, respectively. Finally, individuals may
remain free of AA or CRC (i.e, AF state) during their
entire follow-up period, as exemplified by individual 1.
Hence, Individual 3 is said to be left-censored; Individ-
uals 2, 4, 5 and 6 interval-censored; while Individual 1 is
right-censored.

Norwegian adenoma surveillance cohort
The adenoma cohort consists of all Norwegian individuals
aged 40 years or older, with no previous CRC, who have
had adenomas removed between 1993 and 2007 [34, 35].
The entire cohort consists of 40 848 individuals, of whom
1100 individuals were randomly selected for chart review
(Fig. 3). The individuals selected for the subcohort were
given the opportunity to opt out of the study. Individuals
were excluded if they opted out of the study, their chart
was not available, the registration in the Cancer Registry
was removed at a later update, first adenoma identified
< 40 years at chart review, they did not have adenomas at
chart review, or had CRC preceding their first adenoma.
Thus, the subcohort consisted of 964 individuals. For the
purpose of this study, each individual’s first colonoscopy

Table 2 Different scenarios of health status of individuals during
four follow-up visits after baseline

Follow-up visits

Individual v1 v2 v3 v4
1 AF AF AF AF

2 AF AA - -

3 CRC - - -

4 AF CRC - -

5 AF AF AA -

6 AF AF AF CRC

· · · · ·
· · · · ·
· · · · ·
AF: adenoma-free; AA: advanced adenoma; CRC: colorectal cancer

was considered the baseline examination, and other endo-
scopies occurring before this were disregarded. Thus, we
excluded any individual who never had a colonoscopy, any
individual with no finding at the baseline colonoscopy nor
at later endoscopies, and any individual who had CRC
at baseline colonoscopy. In total, 878 individuals were
included in the data analysis. The retrieved information
included dates of follow-up endoscopies with finding (AF,
AA or CRC) until 31st December 2017 and patient char-
acteristics such as sex; birth year; adenoma-type (AT)
at baseline, i.e., NAA or AA; family history (1st degree
relative with CRC); and type of endoscopy used during
surveillance. Entry age, family history, sex and AT were
included as covariates in the final data analysis. Of the 878
individuals, 688 (78.4%) were AF until the end of surveil-
lance period, 170 (19.4%) had AA, and 20 (2.2%) had CRC
during their follow-up. Table 3 shows the distribution of
the number of visits for the 878 individuals.

Results
Simulation results
We first established the number of successful simulation
runs for each combination of model specification, sample
size n and scenario, using MC simulation with Nsim =
1000 runs (Table 1). Subsequently, the performance of the
proposedmethod was studied in detail. Statistic ψ̂ and the
corresponding ŜE(ψ̂), were calculated in each simulation
run per model. The percentage of successful simulation
runs is presented in Table 1.
Model complexity and numerical optimization prob-

lems, described in section D of the Additional file 2, were
reasons for not achieving 100% convergence for some
models. Resolving these issues requires either changing
the starting values or changing the parameters of the opti-
mization algorithm in optim(). Similar issues regarding
the success rate of convergence while fitting a model dur-
ing a MC simulation have been reported elsewhere [50].
As Table 1 shows, the first 15 models under Scenario

I resulted in at least 90% successful simulation runs. In
the remainder, we therefore present detailed results from
the simulation studies for these 15 models (Table 4). We
observe that for models with exponentially distributed Y
and no covariates, the absolute values of the RB were
less than 1% for all n. However, for a higher number of
parameters for Y, either as a result of being covariate-
dependent or because of the use of a Weibull distribution,
the absolute values of the RB increased due to low propor-
tion of CRCs. Nevertheless, the absolute values of the RB
decreased as the sample size n increased across all mod-
els. For all models except for model M13, the estimated
empirical CRs were approximately close to the 95% nom-
inal coverage when n was very large (i.e., n = 5000) with
CRs between 0.936 and 0.964 [47, 49]. The variability of
the parameter estimates of Y can be examined bymeans of
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Fig. 3 Flow chart of inclusion and exclusion criteria from the adenoma cohort [34, 35]. Never colonoscopy: single entry with non-colonoscopic
polypectomy at baseline, or because there was no colonoscopic examination in all visits including baseline. No findings at baseline colonoscopy,
and no findings later: a single (i.e., baseline) entry as no finding, or all entries as no findings. CRC at baseline colonoscopy: a single (i.e., baseline) entry
as CRC

CV and AW (Table 4). For each model, the absolute values
of CV and the AW values of the parameter estimates of X
were always less than or equal to those of Y, and the values
of CV and AW decreased as the sample size n increased.
Finally, the overall accuracy of the estimator can be mea-
sured via the RMSE since it incorporates both the bias and
variability of the estimator. As the sample size increased,
the RMSE value decreased. Results of the estimates of the
second transition time Y improved further if we changed
the simulation setting to include a higher proportion of
CRCs, i.e., 30% CRC under Scenario II. We report results

of models under Scenario II with at least 90% success-
ful simulation runs in Supplementary Table S1 in the
Additional file 2. Clearly, RB and CV were lower in this
setting because of the higher percentage of CRC observed.
In summary, the proposed models provided consistent
parameter estimates as the RMSE, AW, absolute value of
RB and CV decreased as n increased. Smaller AWs implied
greater accuracy and higher power [48].
Supplementary Figure S1 in the Additional file 2 shows

the comparison between the true survival probability
curve to those fitted using our method and the two-phase

Table 3 Distribution of the total number of visits after baseline colonoscopy examination for the 878 individuals in the Norwegian
adenoma cohort

Number of individuals 205 204 157 115 69 45 26 24 6 9 3 3 6 1 1 1 1 1 1

Number of visits 1 2 3 4 5 6 7 8 9 10 11 12 13 15 17 19 23 27 31
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Table 4 Summary of performance measures for different model specifications under Scenario I, based on 1000 MC simulation runs
with sample sizes n = 1000 and 5000

n = 1000 n = 5000
Model PAR True MCM RMSE RBa CV CR AW MCM RMSE RBa CV CR AW

M1 λ1 0.03 0.03 0.002 0.3 0.05 0.955 0.01 0.03 0.001 0.0 0.01 0.958 0.00

λ2 0.04 0.04 0.005 0.1 0.14 0.960 0.02 0.04 0.003 0.0 0.06 0.955 0.01

M2 α0 − 3.60 − 3.60 0.062 0.0 − 0.02 0.951 0.24 − 3.60 0.027 0.0 −0.01 0.951 0.11

α1 − 1.00 −1.00 0.059 0.2 − 0.06 0.942 0.23 − 1.00 0.026 0.2 − 0.03 0.944 0.10

λ2 0.04 0.04 0.006 − 0.1 0.15 0.944 0.02 0.04 0.003 0.3 0.07 0.949 0.01

M3 λ1 0.04 0.03 0.002 − 0.1 0.05 0.955 0.01 0.04 0.001 0.0 0.02 0.946 0.00

β0 − 3.20 − 3.22 0.142 0.7 − 0.04 0.967 0.57 − 3.20 0.063 0.2 −0.02 0.952 0.25

β1 − 0.10 −0.10 0.152 − 1.9 − 1.52 0.946 0.56 − 0.10 0.062 2.5 − 0.62 0.952 0.25

M4 α0 − 3.50 − 3.50 0.056 0.0 − 0.02 0.944 0.22 − 3.50 0.025 0.0 −0.01 0.944 0.10

α1 − 0.80 −0.80 0.056 0.2 − 0.07 0.944 0.21 − 0.80 0.024 0.2 − 0.03 0.953 0.10

β0 − 4.50 − 4.58 0.394 1.7 − 0.09 0.949 1.45 − 4.51 0.155 0.1 −0.03 0.956 0.63

β1 − 1.50 −1.56 0.298 3.7 − 0.20 0.948 1.13 − 1.50 0.123 0.2 − 0.08 0.957 0.49

M5 λ1 0.03 0.03 0.001 0.1 0.05 0.958 0.01 0.03 0.001 0.1 0.01 0.946 0.00

κ2 2.00 2.08 0.486 4.0 0.24 0.963 1.82 2.00 0.195 0.2 0.13 0.946 0.77

θ2 10.00 10.51 2.966 5.1 0.29 0.928 8.41 10.10 0.768 1.0 0.12 0.959 3.00

M6 α0 − 4.00 − 4.00 0.084 0.1 − 0.04 0.951 0.34 − 4.00 0.038 0.0 −0.01 0.954 0.15

α1 − 2.00 −2.01 0.084 0.3 − 0.03 0.950 0.33 − 2.00 0.038 0.1 − 0.01 0.944 0.15

κ2 4.00 4.29 3.327 7.3 0.77 0.959 3.82 4.03 0.355 0.8 0.11 0.956 1.40

θ2 8.50 8.56 0.630 0.7 0.14 0.949 2.35 8.51 0.260 0.2 0.04 0.954 1.01

M7 λ1 0.04 0.04 0.002 − 0.2 0.04 0.950 0.01 0.04 0.001 0.0 0.01 0.950 0.00

κ2 4.10 5.67 6.456 38.3 1.51 0.928 9.21 4.25 0.612 3.5 0.11 0.963 2.26

β0 2.50 2.51 0.177 0.5 0.13 0.933 0.68 2.50 0.075 − 0.1 0.04 0.936 0.29

β1 3.50 4.75 5.065 35.7 1.38 0.933 6.70 3.59 0.437 2.7 0.13 0.963 1.63

M8 α0 − 3.50 − 3.50 0.060 0.1 − 0.02 0.945 0.23 − 3.50 0.026 0.0 −0.01 0.958 0.10

α1 − 1.00 −1.00 0.058 0.2 − 0.06 0.952 0.22 − 1.00 0.026 0.2 − 0.03 0.958 0.10

κ2 1.80 1.84 0.408 2.1 0.23 0.955 1.52 1.81 0.171 0.7 0.09 0.945 0.66

β0 2.50 2.54 0.227 1.7 0.09 0.946 0.86 2.51 0.090 0.2 0.04 0.954 0.35

β1 0.10 0.10 0.184 2.9 1.84 0.956 0.72 0.11 0.082 − 0.5 0.81 0.954 0.31

M9 κ1 0.40 0.40 0.029 0.2 0.07 0.954 0.11 0.40 0.013 0.0 0.03 0.950 0.05

θ1 65.00 66.42 11.453 2.2 0.17 0.956 44.21 65.34 4.993 0.5 0.08 0.951 19.09

λ2 0.04 0.04 0.005 0.6 0.14 0.948 0.02 0.04 0.002 0.3 0.06 0.946 0.01

M10 κ1 2.00 2.02 0.110 0.8 0.05 0.952 0.41 2.00 0.047 0.2 0.02 0.953 0.18

α0 3.50 3.50 0.056 0.0 0.02 0.955 0.23 3.50 0.025 0.0 0.01 0.962 0.10

α1 3.50 3.52 0.173 0.7 0.05 0.948 0.65 3.51 0.073 0.2 0.02 0.943 0.29

λ2 0.04 0.04 0.006 0.4 0.14 0.953 0.02 0.04 0.003 0.2 0.06 0.947 0.01

M11 κ1 4.00 4.01 0.197 0.3 0.05 0.942 0.76 4.00 0.088 0.1 0.02 0.954 0.34

θ1 20.00 20.00 0.300 0.0 0.02 0.936 1.11 20.00 0.130 0.0 0.01 0.939 0.50

β0 − 3.50 − 3.55 0.264 1.5 − 0.07 0.960 1.00 − 3.51 0.115 0.2 −0.03 0.941 0.44

β1 − 1.50 −1.54 0.234 2.7 − 0.15 0.957 0.89 − 1.51 0.102 0.4 − 0.07 0.949 0.39
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Table 4 Summary of performance measures for different model specifications under Scenario I, based on 1000 MC simulation runs
with sample sizes n = 1000 and 5000 (Continued)

n = 1000 n = 5000
Model PAR True MCM RMSE RBa CV CR AW MCM RMSE RBa CV CR AW

M12 κ1 0.50 0.50 0.039 0.7 0.08 0.961 0.16 0.50 0.018 0.1 0.04 0.944 0.07

α0 5.00 5.00 0.247 0.1 0.05 0.954 0.98 5.00 0.112 0.1 0.02 0.941 0.44

α1 − 2.00 −2.01 0.092 0.3 − 0.05 0.957 0.37 − 2.00 0.043 0.0 − 0.02 0.945 0.16

β0 − 1.00 − 0.96 0.273 − 3.5 − 0.27 0.949 1.02 − 1.00 0.112 − 0.4 −0.11 0.952 0.44

β1 5.50 5.67 0.789 3.1 0.14 0.962 2.92 5.53 0.314 0.6 0.06 0.954 1.24

M13 κ1 1.50 1.50 0.073 0.0 0.05 0.952 0.29 1.50 0.032 −0.1 0.02 0.956 0.13

θ1 23.00 23.04 0.880 0.2 0.04 0.940 3.32 23.01 0.375 0.0 0.02 0.945 1.47

κ2 0.80 0.81 0.260 0.9 0.32 0.959 1.01 0.81 0.117 0.8 0.15 0.952 0.45

θ2
b 28.00 − − − − − − 31.01 14.638 10.8 0.51 0.905 43.25

M14 κ1 2.00 2.01 0.115 0.6 0.06 0.946 0.44 2.00 0.049 0.0 0.02 0.952 0.20

α0 3.50 3.50 0.061 0.1 0.02 0.936 0.24 3.50 0.027 0.0 0.01 0.949 0.11

α1 4.50 4.54 0.232 0.9 0.05 0.949 0.90 4.50 0.100 0.0 0.02 0.955 0.40

κ2 2.50 2.55 0.391 2.1 0.15 0.951 1.47 2.52 0.164 0.8 0.07 0.952 0.64

θ2 10.00 10.07 0.952 0.7 0.09 0.936 3.46 10.00 0.372 0.0 0.04 0.955 1.46

M15 κ1 1.50 1.50 0.080 0.1 0.05 0.948 0.30 1.50 0.035 0.0 0.02 0.953 0.14

θ1 25.00 25.05 1.011 0.2 0.04 0.951 3.97 25.02 0.448 0.1 0.02 0.952 1.77

κ2 1.50 1.58 0.489 5.1 0.32 0.958 1.79 1.52 0.196 1.3 0.13 0.962 0.75

β0 3.00 3.10 0.536 3.4 0.18 0.920 1.96 3.01 0.197 0.4 0.07 0.947 0.77

β1 1.50 1.56 0.307 4.3 0.20 0.966 1.07 1.51 0.117 0.7 0.08 0.941 0.44

PAR, parameter; MCM, Monte Carlo means; RMSE, root mean squared error; RB, relative bias % ; CV, coefficient of variation; CR, coverage rate of a Wald-based 95% confidence
interval; AW, average confidence interval width.
Note: λ1 and λ2 represent the exponential rate parameters of the first and second transition times, respectively; α0 and α1 represent the regression intercept and regression
coefficient of the covariate w ∼ N(0, 1) for the first transition time; β0 and β1 represent the regression intercept and regression coefficient of the covariate w ∼ N(0, 1) for the
second transition time; κ1 and κ2 represent the Weibull shape parameters of the first and second transition times, respectively; θ1 and θ2 represent the Weibull scale
parameters of the first and second transition times, respectively.
aThe negative signs correspond to underestimation (overestimation) for positive (negative) true values while the positive signs correspond to overestimation
(underestimation) for positive (negative) true values. The 0.0 values are due to approximation.
bThe estimates were extremely large due to the small sample size and the small proportion of CRCs

semi-Markov model by Titman and Sharples [25], aver-
aged over 500 successful simulation runs. The two-phase
semi-Markovmodel fits poorly for Y in both scenarios and
worst in Scenario I which is a more realistic setting. Fur-
thermore, the two-phase semi-Markov model achieved
1.3% and 4.6% successful simulation runs per 1000 repli-
cated runs for Scenarios I and II, respectively. Ourmethod
achieved 100% successful simulation runs in both scenar-
ios (Table 1).

Application to the Norwegian adenoma cohort
We illustrate the proposed method by fitting all 16 pro-
posed model specifications to the Norwegian adenoma
cohort described above. Table 5 describes the charac-
teristics of the individuals in the subcohort included in
the analysis during a median follow-up of 11.3 years
(interquartile range 3.1; 15.3 years). Parameter estimates
for each of the proposed model specifications were

obtained by maximizing the joint likelihood function. We
performed backward stepwise regression to select vari-
ables with 5% level of significance. The resulting ML
estimates, P values, 95% CIs, Akaike information cri-
terion (AIC) values, and Bayesian information criterion
(BIC) values are reported in Supplementary Table S2 in
the Additional file 2. Model M14, hereafter referred to
as final model, was selected as the best model based
on the lowest AIC (1601.79) and BIC (1625.68) values
(Table 6). To assess the goodness-of-fit of the assumed
Weibull distribution for the first transition time X in the
final model, an informal test was carried out by compar-
ing the survival curves from the model-based estimates to
the non-parametric ML estimates (NPMLEs) for interval-
censored data on individuals who were observed to have
developed AA (Fig. 4). The Weibull model appears to fit
the data well since the curves are very close to each other.
Table 6 shows that individuals who were treated for AA,
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Table 5 Patient characteristics of the Norwegian adenoma cohort used for analysis

Finding at follow-up

Characteristics AF (n = 688) AA (n = 170) CRC (n = 20) Total (n = 878)

% of total 78.4 19.4 2.2 100

Age, yr, mean (SD) 65.0 (11.5) 64.6 (10.2) 70.0 (10.1) 65.0 (11.2)

Sex (%)

Male 342 (49.7) 79 (46.5) 11 (55.0) 432 (49.2)

Female 346 (50.3) 91 (53.5) 9 (45.0) 446 (50.8)

AT (%)

AA 271 (39.4) 113 (66.5) 14 (70) 398 (54.7)

NAA 417 (60.6) 57 (33.5) 6 (30.0) 480 (45.3)

FH (%)

Yes 84 (12.2) 27 (15.9) 1 (5.0) 112 (12.8)

No 604 (87.8) 143 (84.1) 19 (95.0) 766 (87.2)

AF, adenoma-free; AT, adenoma-type; NAA, non-advanced adenoma; AA, advanced adenoma; CRC, colorectal cancer; FH, Family history (First degree relatives with CRC).

have about three times the risk of having a recurrence
when compared to individuals treated for NAA (hazard
ratio: exp(α1) = 2.95, 95% CI: 2.18; 3.98). Figure 5 depicts
the cumulative incidence of AA since baseline and cumu-
lative incidence of CRC since AA onset. Within 5 and 15
years, about 11.4% (95% CI: 8.8%; 13.6%) and 13.9% (95%
CI: 10.6%; 16.6%), respectively, of the individuals treated
for NAA at baseline will develop AA (Fig. 5a). Also, for
individuals treated for AA at baseline, about 30.0% (95%
CI: 25.6%; 34.6%) and 35.7% (95% CI: 31.0%; 40.6%) of the
individuals will develop recurrent AA within 5 and 15
years, respectively (Fig. 5a). The estimates of the log shape
parameter κ2 and the log scale parameter θ2 for Y are
given in Table 6. This translates into an estimate of the
shape parameter κ2 as 0.116 (95% CI: 0.020; 0.689), indi-
cating a decreasing hazard of CRC since onset of AA.
Since we cannot observe Y directly, the appropriateness of
the assumed Weibull distribution for Y can be examined,
as suggested by Hudgens et al. [51], by testing H0 : κ2 = 1
vs. HA : κ2 �= 1 using the estimates for the shape param-
eter κ2 above. We can see that the shape parameter κ2 is
statistically different from one at 5% level of significance.
The bootstrapped curves in Fig. 5b show there was consid-
erable uncertainty about the cumulative incidence of CRC
from AA; with the uncertainty increasing with time. This

was largely due to small sample size and low proportion
of CRCs in the data. Within 5 and 15 years, about 13.8%
(95% CI: 7.8%; 23.8%) and 15.4% (95% CI: 8.2%; 34.0%) of
the individuals will develop CRC, respectively. The mean
time among those who have had the transition to CRC
since AA onset within 50 years was estimated to be 4.80
years (95% CI: 0; 7.61) using a right-truncated Weibull
distribution [52].

Discussion
In this paper, we proposed a modeling framework to
jointly estimate both the transition time X from AF to
AA and the transition time Y from AA to CRC based
on CRC surveillance data using a progressive three-state
disease model. The reliability of the method was shown
by simulation studies and was illustrated using a Norwe-
gian adenoma cohort. Our simulation results show that
the estimates of the parameters of the time distributions
are consistent and the 95% confidence intervals have good
coverage.

Modeling framework
Our proposed method distinguishes itself from other
methods used for estimating the time distributions
in a progressive three-state disease model in that

Table 6 Result of the final model of the Norwegian adenoma cohort

Transition Distribution Parameter Estimate P value 95% CI

First (X) Weibull shape, log(κ1) − 1.646 <0.001 (−1.849;−1.442)

Intercept, α0 12.561 <0.001 (10.117; 15.004)

AT: AA, α1 1.081 <0.001 (0.780; 1.382)

Second (Y) Weibull shape, log(κ2) − 2.153 0.02 (−3.935;−0.372)

scale, log(θ2) 18.087 0.29 (−15.382; 51.555)

AT, adenoma-type; AA, advanced adenoma
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Fig. 4 Comparison between survival curves from NPMLE estimate and Weibull model for the first transition time to AA

our method provides a likelihood function that in
principle, accommodates any probability distribution
without covariates (see R implementation code in the
Additional file 1), is based on surveillance data that are
interval-censored for both transition times, allows the
inclusion of covariates at both times, and models a dis-
ease process where an individual is censored once the
second health state is observed to occur. A comparison
between our method and the two-phase semi-Markov
model by Titman and Sharples [25] via simulation showed
that our method is more accurate and stable when han-
dling data arising from disease processes where state 2 to

3 is never observed; contrary to the observation process
in the model by Titman and Sharples [25] where transi-
tion to state 3 is exactly known. These results demonstrate
the importance of using our tailored method for modeling
surveillance data.
We focused on PH models with the exponential and

Weibull distributions as an illustration, but also the Gom-
pertz distribution can be used and was implemented in
the R code in the Additional file 1. Inclusion of covariates
on both X and Y allows capturing the dependency
between both transition times and examining possible
population heterogeneity.

Fig. 5 Estimated cumulative incidence curves. (A) Cumulative distribution function (CDF) for patients treated with AA (red solid line) and NAA (blue
dashed lines) since baseline. (B) CDF of CRC (black solid line) since AA onset, with 1000 bootstrapped CDF curves (grey lines)
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Our proposed method is based on the maximum
likelihood framework, which can encounter problems
during estimation. First, numerical issues can be encoun-
tered when performing the optimization or numerical
integration of the probability expressions in the likelihood
function. A few of the issues include divergence of the
integrand and the so-called false convergence, a situation
where the optimization algorithm reports a solution (i.e.,
convergence) but the Hessian matrix which is needed for
computing the SE of the model parameters fails to be
positive definite. These issues could be solved by adjust-
ing some of the default settings of the integrate()
and optim() functions. Second, the stability of the opti-
mization algorithm is fairly dependent on the choice of
the starting values and the nature of the likelihood sur-
face (i.e., unimodal, flat, or multimodal), particularly for
more complex models. Hence, it is recommended to run
complex models using different starting values to ensure
that the optimization algorithm successfully converged to
global optima (i.e., true ML estimates) instead of local
optima. Similar observations have been made in the liter-
ature [23, 25, 53].

Application to CRC surveillance
Yen et al. [30] noted that quantification of heterogeneity
by identifying risk groups or factors associated with rapid
progression to AA or to CRC since the onset of AA is an
important step in determining the potential value of per-
sonalizing surveillance intervals. Analysis of the Norwe-
gian adenoma cohort showed that individuals who were
treated for AA at baseline have about three times higher
risk of developing an AA when compared to individu-
als who were treated for NAA instead. This is expected.
Similar findings have been reported before [54, 55]. For
example, our finding is in agreement with Laiyemo et al.
[55], who reported a relative risk of AA recurrence in indi-
viduals with high- versus low-risk adenomas at baseline
of 1.68 (95% CI: 1.19; 2.38). These findings are the reason
for current more intensive surveillance recommendations
after AA removal compared to NAA removal [6, 54].
The difference in risk to progress to AA between indi-
viduals in whom an AA was removed versus those with
NAA removed could also possibly hold for the transition
from AA to CRC. However, this was not estimated in our
final model. The lack of significance of the adenoma-type
variable in the second transition time may have been the
result of the small sample size, particularly the small num-
ber of CRCs, in the current study. A large amount of data
is needed to substantiate our hypothesis, especially with
respect to CRC cases.
For the transition from AA to CRC, we found that

around 15% of individuals will develop CRC within 15
years after AA onset. Note that about 10% of these indi-
viduals developed a CRC at the same time or even earlier

than the average time it takes to develop an AA from base-
line (Fig. 5b). This suggests that some of the AA cases are
rapidly progressing and there is likely substantial hetero-
geneity in duration between individuals. However, there
is considerable degree of uncertainty in the CRC cumu-
lative incidence. This is in part because of the relatively
small sample size and in particular the low proportion of
CRC cases. Another reason, as shown in the simulation
studies, is the inherent uncertainty that is always associ-
ated with estimating Y. Estimates of the cumulative risk
or average time to CRC since adenoma onset have previ-
ously been published [14, 16, 30, 56]. For instance, Brenner
et al. [16] studied the age and sex-specific risk of CRC
from AA onset using data from a nationwide registry of
screening colonoscopies in Germany. At age 55 years, the
10-year cumulative risk for both sexes was estimated to
be around 25%. Cafferty et al. [57] and Yen et al. [30]
showed that within 20 years, 57% and 40% of adenomas
(of any type), respectively, will progress to CRC.We found
the hazard from AA to CRC to be decreasing with time
since onset of AA, again suggesting heterogeneity in risk,
with fast and slow transforming lesions. There is some evi-
dence for such differences in malignant potential among
AAs, based on molecular characterization of adenomas
[58]. Surveillance might not be warranted for those indi-
viduals with indolent or slow transforming lesions as this
would lead to overdiagnosis, but there is currently no solid
means to identify these individuals. This time distribu-
tion from AA to CRC is a key parameter in explaining
differences in the outcomes of microsimulation models
used for the optimization of CRC prevention [13, 59]. Our
method allows for improving these models by the inclu-
sion of flexible statistical time distributions rather than
using expert assumptions or model calibration. Surveil-
lance intervals are currently recommended based on the
outcome of examination findings and the risk status of
an individual [6, 54]. For instance, the general consensus
is that a 10-year interval for colonoscopy should be rec-
ommended for average-risk individuals [6, 54]. Such time
interval has not been determined in a systematic way. We
suggest that recommendations for screening and surveil-
lance intervals should be based on the rate of transitioning
of the disease, as also stated by Frame and Frame [60].
Our modelling framework provides such estimates. Our
projections of cumulative incidence of CRC allows one to
predict the number of CRC cases that would have devel-
oped if there would not have been any surveillance and
newly developing AAwould not be detected and removed.
We estimated that about 14% of AA cases will develop to
CRC within 5 years and that only an additional 1% will
develop to CRC in the subsequent 10 years. This sug-
gests that 10 years follow-up surveillance after the initial 5
yearsmay not necessarily yield any added benefit, and only
short-term surveillance is required. We also estimated the
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mean time among those who have made the transition
to CRC since AA onset within 50 years to be 4.80 years
(95% CI: 0; 7.61). Thus, indicating the need for short-term
surveillance due to the short amount of time it may take
to progress to CRC from AA.

Future directions
We assumed that every individual having an AA has the
potential to develop CRC. As noted by Van Ballegooijen
et al. [13] and Lew at al. [61], vast majority of individu-
als with AA will not develop a CRC in their lifetime and
diagnosis and treatment of these AA could be seen as
overdiagnosis. To account for the possibility of a differ-
ence in risk, Y could bemodelled as a mixture distribution
accounting for individuals with progressive versus indo-
lent lesions [19, 62] or by explicitly modelling the depen-
dence between X and Y since fast progression from AF to
AA maybe followed by fast progression from AA to CRC
as noted similarly in the cervical cancer model proposed
by Vink et al. [19]. Furthermore, we assumed that at base-
line, after polypectomy, all individuals are adenoma free.
This assumption could be relaxed to allow for the possibil-
ity that a small proportion of non-advanced or advanced
adenomas, or even CRC, are missed at colonoscopy.

Conclusion
Reliable estimation of the time distribution between pre-
cancer and cancer is important to allow prediction of
long-term outcomes of screening and surveillance pro-
grams and to allow optimization of such programs. We
have provided a statistical method for estimating the not
directly-observable time from AA to CRC in a progres-
sive three-state disease model. Our proposed method is
not limited to estimating time distributions in the CRC
screening and surveillance setting, but can be applied
to any disease process where individuals are censored
once they are observed to be in a pre-final state and are
treated in that disease state, such that the progress from a
pre-final to final state cannot be observed.
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